
ø� ô�÷��

Â���³õ�î ¢��³Þó� ü÷�µÆ��� ùb¤ø¢

ýÂÑ÷ ö�õ¥� ß�õ¤�ú�

1385 ¢�¢Âõ 25 �±�ª¤�ú�
´ä�¨ 5 :ö�õ¥ öÂìÅþø� ø ôÀÖõý¢�¥ ,ü�Ï��

ùÂÞ÷ 40 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . Ù�¨ :ñøa� �b ÜÿÆõ

�úµ¨��¡¤¢ ¥� ý��ó�±÷¢ .¢¤�¢ ��ä�Ï� ý¤�ÀÖõ ø �µØþ À�Üî ×þ ÂÊ�ä Âû .¢¤�¢ ¢��ø �ä�Þ¹õ×þ ¤¢ ÂÊ�ä n

ý�Â� .Àû��¡üõ �¤ �Ï��Âõ ��ä�Ï� ,À�Üî �b ��¤� � � ´¨��¡¤¢ Âû �îý¤�Ï�� ,¢�ªüõ ù¢�¢ �õ � � m ñ�Ï ��
ý�Â� �õ Ýµþ¤�Úó� .ÝþÂ�üõ ùÂú� ýÀ÷��� ´Æ�ó ×þ �¤�¬ �� ý¤�µ¡�¨ù¢�¢ ¥� �úµ¨��¡¤¢ ßþ� �� üþ�Ú¿¨��
Å³¨ ø À¨¤üõ ��ÜÎõ ÂÊ�ä �� ö� Çþ�Þ�� �� ø À�îüõ áøÂª �¤ ¤�î ´Æ�ó ý�Àµ�� ¥� ,´¨��¡¤¢ Âû ý¥�À÷�ù�¤
ßþ� ,Àª�� �µª�¢ ¤�Âì ´Æ�ó ù�Úþ�� ß�õ�e i ¤¢ üµ¨��¡¤¢ ÂÊ�ä Âð� .À÷�¢Âðüõ¥�� �¤ ö� �� ¯��Âõ ü��ä�Ï� �b µÆ�
,üê�®� �b �þÃû öÀª ÛÞ½µõ öøÀ� ö���üõ �¹µÆ� �b þø ¤ ¥� ´Èð¥�� ¥� Ç�� .´ª�¢ Àû��¡ ��þÃû À��ø i ���ÜÞä
,Ý��î ù¢�¤� �î ù�ðÂû ,ÂÚþ¢ ý�¨ ¥� .Ý��î Â�×þ¢Ã÷ ´Æ�ó Â¨ �� ,Ý�û��¿� �î ¤�ÀÖõ Âû ,�¤ ùÀª ´ê�þ ÂÊ�ä

.¢Âî �¹��� ��þÃû À��ø ×þ �� �¤ ´Æ�ó üó��µõ ÂÊ�ä ø¢ ý�� ö���üõ
×þ¢Ã÷ ´Æ�ó Â¨ �� À��ø ×þ �¤ ö� ,ÂÊ�ä Âû ßµê�þ ¥� Å� �î À�îüõ ÛÞä ÛØª ßþ� �� "Óó�' Ýµþ¤�Úó�

.Àû¢ Çþ�Ãê� �¤ �¹µÆ� üþ�¤�î �õ�¢� ¤¢ �î À�õ� ßþ� �� ,À�îüõ
�î À�µÆû üþ�úÞµ þ¤�Úó� ñøa� �b µ¨¢ .À÷�ªüõ Ý�ÆÖ� "Í¡¥�öøÂ �' ø "Í¡Â�' �b µ¨¢ ø¢ �� �úÞµ þ¤�Úó�
� õ� .À �û¢ Û þ�½ � �¤ ¾¨� � ýÀã � ´¨��¡¤¢ ¥� á�Ï� ¥� Ç� � À þ� � ø ù¢Â î ´ê� þ¤¢ üØ þüØ þ �¤ � ú µ¨��¡¤¢
ý�úµ¨��¡¤¢ ùb�½÷ ¥� �Â�� ß�� À�÷���üõ ø À÷¤�¢ ¤��µ¡� ¤¢ �¤ �úµ¨��¡¤¢ �b Þû �Àµ�� ¤¢ "Í¡¥�öøÂ�' ý�úÞµþ¤�Úó�

.À�þ�� ¢�¨ ´Æ�ó ¤�µ¡�¨ Â��ç� ¢¤�õ ¤¢ Ý�ÞÊ� ý�Â� Ã�÷ ýÀã�
,�Àµ�� ¤¢ �úµ¨��¡¤¢ �b ó�±÷¢ ßµª�¢ �� �î ô�úÔõ ßþÀ� ,´¨� "Í¡¥�öøÂ�' Ýµþ¤�Úó� ßþÂµú� "�' Ýµþ¤�Úó�

.Àþ� Ç�� ��þÃû ßþÂµÞî ´þ�ú÷ ¤¢ �î Àû¢üõ Â��ç� ���ÜÞä ß�� ý¤�Ï �¤ ´Æ�ó ¤�µ¡�¨
ø ´¨��¡¤¢ �b ó�±÷¢ Âû ý�¥��� �îý¤�Ï�� ¢�ª ´ê�þ a ´��� ù�ðÂû ,Ý�õ�÷üõ üµ��ì¤−c �¤ "�' Í c¡Â� Ýµþ¤�Úó�
"�' Ýµþ¤�Úó� �b �þÃû Â c��Â� c ¥� Ç�� À��ø a Â·î�À� "�' Ýµþ¤�Úó� �b �þÃû ,´Æ�ó ý�Â� ù��¿ó¢ �b �óø� ¤�µ¡�¨ Âû

ü�ãþ .Àª��
"�' Ýµþ¤�Úó� �b �þÃû ≤ c × "�' Ýµþ¤�Úó� �b �þÃû + a.

(ùÂÞ÷ 10) .Àª�� üµ��ì¤−c "Óó�' Ýµþ¤�Úó� �î ¢¤�À÷ ¢��ø c ´��� À�û¢ ö�È÷ (1

1



(ùÂÞ÷ 30) .Àª��üõ c ≥ 2 À��î ��±�� ,(´¨� ´��� c �î) Àª�� üµ��ì¤−c üÎ¡Â� Ýµþ¤�Úó� Âð� (2

ùÂÞ÷ 30 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . Áè�î :ôø¢ �b ÜÿÆõ

:ÀþÂ�Ú� ÂÑ÷ ¤¢ �¤ Âþ¥ �b ÜÿÆõ ø¢

¢��ø G §��¤ ¥� üÌã� ýø¤ ùÂúõ ý¢�Àã� .´¨� ùÀª ù¢�¢ ö� ¥� t ø s §�b¤ ø¢ ø G é�Âð Óó�

¥� p À�÷�õ Â�Æõ ×þ ,ö�þ�� ¤¢ �î Ý�û¢ ´îÂ� �úó�þ ýø¤Â� ý¤�Ï �¤ �ûùÂúõ Ý�û��¡üõ .¢¤�¢
ßþ� üÏ �î ´¨� ßþ� éÀû .Àª�� ùÂúõ ×þ Ýî´¨¢ ý�¤�¢ p §�b¤ Âû �î ¢�ª ¢�¹þ� t �� s
ø À�î ´îÂ� À��ø ø¢ ùÂúõ ×þ Âð� �f ·õ .¢�ª ���Þî ùÂúõ ×þ ´îÂ� ö�Ã�õ ßþÂµÈ�� ���ÜÞä

.Àª��üõ �¨ Ý��î ���Þî Ý�û��¡üõ �î üµ�Þî ,À��ø �¨ ýÂÚþ¢
Â�Æõ ;Â�¡ �þ ¢¤�¢ ü÷�µÜ�Þû Â�Æõ ×þ G �þ� �î Ý�÷�À� Ý�û��¡üõ .´¨� ùÀª ù¢�¢ G é�Âð �

.Àª�� é�Âð §��¤ ¢�Àã� n Âð� ,´¨� ü¨�b¤ n ýÂ�Æõ ü÷�µÜ�Þû

ý��ÜÞ�À�� üÞµþ¤�Úó� Ã�÷ "�' �b ÜÿÆõ ,Àª�� �µª�¢ ý��ÜÞ�À�� üÞµþ¤�Úó� "Óó�' �b ÜÿÆõ Âð� �î À��î ´���
.´ª�¢ Àû��¡

ùÂÞ÷ 30 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . ü»�ì :ô�¨ �b ÜÿÆõ

üÏ�Ö÷ ,�½Ô¬Ý�÷ Âû ý�¥��� .´Æ�÷ ö�ÆØþ �ú÷� ¥� üµÔ� ø¢ º�û ü¨À�Üì� �b Ü¬�ê �î ùÀª ù¢�¢ �½Ô¬ ¤¢ �ÎÖ÷ n
×þ �¤�¬ �� ,À÷¤�¢ �¤ �Ü¬�ê ßþÂµÞî ö��õ ßþ� ¤¢ �î �¤ ý��ÎÖ÷ ´Ô� .ÀþÂ�Ú� ÂÑ÷ ¤¢ À÷¤�¢ ¤�Âì ö� ¤¢ �î �¤

.¢�� Àû��¡ O(n) ¥� A öø¤¢ Ãþ�Þµõ ý�ú�ø¥ ßþ� ¢�Àã� À��î ´��� .À��î ¢¤�ø A �bä�Þ¹õ ¤¢ °�Âõ�÷ �ø¥

!À�ª�� Àþ�bõ ø Õê�õ
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